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Abstract In this paper, a diagnosis method based on
Hilbert and discrete wavelet transform (DWT) for broken
rotor bars in induction machine has been proposed. The
method is based from using Hilbert transform (HT) to
obtain the envelope for the stator current and processed
via DWT. The main advantage of HT is the removal of the
fundamental component to allow a clearer vision of the
fault frequencies. The result by HDWT (HT and DWT) is
more suitable for emergency signal analysis. This tech-
nique is effective for the stationary signal as well as
non-stationary signal processing. The HDWT analysis
was introduced to overcome the shortcomings of Fourier
analysis. The performance of this approach is evaluated in
simulation and experimental results.
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1 Introduction

Generally, induction machines are largely used in the
electrical drives. These machines are characterized by

good robustness, simple construction, low cost, and high
efficiency. Although, all of these qualities, some con-
straints with a different nature can affect on the machine
by causing failures in the stator and the rotor. Thereby,
a sudden stop due to any anomaly can lead to financial
losses (production losses, repair of the production
tool…) and material losses inevitable. These break-
downs can be divided into two categories such as me-
chanical (defect on coupling, static and/or dynamic ec-
centricity, bearing failures…) [1, 2] or electrical and
magnetic (inter-turn short circuit, broken rotor bars,
break of teeth…) [3, 4].

Diverse techniques are largely investigated and applied
for the fault detection in the machine. The first methods
are founded on noise, temperature, and vibration analysis
[5]. However, these methods are quite expensive and the
mechanical installation is sensitive to the noise. The sec-
ond technique, named motor current signature analysis
(MCSA), the philosophy of this approach assumes that
each type of defect is characterized by an own spectral
signature. This method has some advantages like the sim-
plicity of the current measuring and is based on straight-
forward signal processing techniques for example: fast
Fourier transforms (FFT). The FFT is a good technique
for the broken rotor bars fault detection in the steady state
[6, 7]. However, it is often difficult to successfully detect
the sideband frequencies due to the rapprochement and
the overlap with the fundamental driving frequency. In
order to overwhelm this problematic, the HT is recom-
mended [8]. This last method has the best frequency, lo-
cation for the DWT, which has been previously applied
directly to the stator current for the broken rotor bars fault
diagnosis in induction machine. In this case, the DWT is
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used as an efficient time-domain algorithm which gives
optimal precision at the short frequency and non-
stationary state.

The WT is a recent signal processing tool for time-
varying or non-stationary signals; it is based on the
decomposition of a signal on a basis of particular
functions. The wavelet analysis allows the use of long
time intervals that require more precision in low fre-
quencies and short regions for high frequencies. From
this point of view, it is quite comparable to the Fourier
analysis. However, wavelets are broadly oscillating
functions that are rapidly damped, in contrast to the
sinusoidal functions of Fourier analysis. Moreover,
the wavelets possess the property of being able to be
well localized in time or frequency, which differenti-
ates them mainly from the conventional time-frequency
analysis [9, 10].

In this context, the important goal of this paper is to
present another technique for diagnosis of the fault in
induction machines based on Hilbert and discrete wave-
let transform analysis of stator current which would
overwhelm the overarching problems of traditional
FFT. A technique has been proposed based on the cal-
culation of the energy stored in each level of decompo-
sition (HDWT); the fault severity can also be identified
through the eigenvalues of energies. As well a compar-
ative study based on the two approaches for the analysis
of the stator current in steady state is presented. Finally,
the method has been verified by the experimental results
for a healthy rotor and two broken rotor bars of the
machine.

2 Hilbert transform

The Hilbert transform is a time-domain convolution of signal
x(t) with 1

t and can emphasize the local properties of x(t), as
follows [11, 12]:

H x tð Þ½ � ¼ 1

π
∫

þ∞

−∞

x τð Þ
t−τ

dτ ¼ x tð Þ* 1

πt
ð1Þ

where t is time, x(t)is a time-domain signal, * is the con-
volution indicates, and H[x(t)] is the Hilbert transform of
x(t).

3 Discrete wavelet transforms (DWT)

Assume S = (S1, S2… Sn) (S sampled signal), the DWT de-
composes it into several wavelet signals (an approximation

signal an, and n detail signals dj (j∈ [1, n])) [13, 14]. The
frequencies of approximation and detail signals can be given
by:

f d j
� �

∈ 2− jþ1ð Þ f s; 2− j f s
h i

ð2Þ

f anð Þ∈ 0; 2− nþ1ð Þ f s
h i

ð3Þ

more concretely, fs (samples/s): the sampling rate used for
capturing S, the detail signal dj contains the information
concerning the signal components with frequencies included
in the interval.

Theenergyeigenvalue for each frequencyband isgivenby [15]:

E j ¼ ∑
k¼n

k¼1
Djk nð Þ�� ��2 ð4Þ

such as j is the level of decomposition, n is the dis-
crete wavelet decomposition time, and D is the mag-
nitude at each discrete point of the wavelet coeffi-
cient of the signal in the corresponding frequency
band.

Capture of stator current

Application of the DWT:

Selection of the Daubechies Wavelets (DB40)

Specification of the Number of Decomposition levels

Analysis of the Wavelet Signals

Diagnosis Conclusion

Hilbert Transform

Energy Level Computation

Fig. 1 The HDWT-based diagnosis methodology
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Fig. 2 Broken rotor bars model of induction machine
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4 Fault diagnosis methodology

Figure 1 describes the steps that should be followed in
order to apply the HDWT-based methodology for the
diagnosis of rotor faults (broken rotor bars).

5 Model of induction machine taking account
the broken rotor bars faults

Figure 2 shows the equivalent electrical diagram of induction
machine with broken rotor bar’s fault.

The state model of induction machine in the refer-
ence frame (d-q) related to the rotor can, therefore, be
defined by the following system of nonlinear equations
[7, 8]:

x˙ tð Þ ¼ A ωð Þx tð Þ þ Bu tð Þ
y tð Þ ¼ Cx tð Þ

�
ð5Þ

with

x½ � ¼ ids iqs Φdr Φqr½ �T ; u½ � ¼ U ds;U qs

� �T
; y½ � ¼ ids iqs½ �T

A ωð Þ ¼
− Rs þ Req

� �
L−1f ω ReqL−1m L−1f ωL−1f

−ω − Rs þ Req

� �
L−1f ωL−1f ReqL−1m L−1f

Req 0 ReqL−1m 0
0 Req 0 −ReqL−1m

2
6664

3
7775; B ¼ L−1f 0 0 0

0 L−1f 0 0

" #T

C ¼ 1 0 0 0
0 1 0 0

� 	
; Q θ0ð Þ ¼ cos θ0ð Þ2 cos θ0ð Þsin θ0ð Þ

cos θ0ð Þsin θ0ð Þ sin θ0ð Þ2
� 	

; Req ¼ Rr þ α
1−α

Q θ0ð ÞRr

and α ¼ 2
3 η0, η0 ¼ 3nbc

nb
, ωr ¼ ω

p: is mechanical speed of the
motor.

nbc and nb represent the number of broken bars and the total
number of bars in the rotor respectively.

θ0 is an absolute localization of the faulty winding accord-
ing to the first rotor phase.

The expression of the torque is defined by:

Te ¼ p iqs:Φdr−ids:Φqr

� � ð6Þ

6 Simulation and experimental results

The experimental setup (also for the simulated machine) used
in this study consists of a 1.1 kW, 220/380 V, 50 Hz, rated
current 2.5 A, four–pole, a DC generator acts as a load, and the
experimental setup illustrated in Fig. (3). In the experimental
test, the rotor bar breakage is realized by opening the motors
and drilling in the rotor bar depth. In the experiments, the data
acquisitions used are the voltage and stator current. The

Auto transformer (0-450V) Squirrel cage induction 
motors (1.1 kW)

dSpace 
1104 

Magnetic powder 
brake with the 

control unit

Computer equipped 
by control desk 

software

Hall type 
current sensors,  
voltage sensors

Fig. 3 Experimental setup
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signals were connected to the computer by using DSpace
(1104) for a data acquisition board.

In the experimental analysis, in order to wait good
results and not to miss important information, it is impor-
tant to take the acquisition information correctly. The mo-
tor current data was sampled at 10 kHz, i.e., 100,000
samples was obtained at a measured time of 10 s. All
the signal processing was performed using MATLAB
software.

The startup stator current waveforms for a loaded machine
extracted by simulation and experimental tests are given in
Figs. 4 and 5.

Figures 4 and 5 illustrate the stator current in a healthy and
faulty state of the machine, respectively. The full load is ap-
plied at the start-up.

It is noted a good similarity between the results; the cur-
rents for the healthy and faulty state of the machine have a
small modification.
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The direct detection of the fault through the electrical char-
acteristics is difficult. The frequency analysis of the signals,
coming from the machine, gives a good prognosis of detection
through the analysis of harmonics. If the number of broken
rotor bars is augmented, an increase in the magnitude (of
harmonics) is observed.

Figure 6a–d illustrates the result of the stator current anal-
ysis extracted in simulation and in experimental results for the
machine at healthy and two broken rotor bars.

Figure 6a–d shows the frequency spectrum of the stator
current around the network frequency of 50 Hz that is at [16]:

f defect ¼ 1� 2ksð Þ f ð7Þ

where k = 1, 2, 3,..., f is the frequency training of the machine,
and s is the fractional slip of the motor.

It is also remarked that the calculated frequencies are al-
most similar from the deduced ones in the simulation and
experimental (Tables 1 and 2).

Despite all these, there are several problems, especially at
low load, this leads to difficulty in analyzing the fault because

the frequency of defects is very close to the fundamental com-
ponent. To overcome this difficulty, the amplitude modulation
(AM) of the stator current induced is proposed. The harmonics
contained in the spectrum of the stator current envelope can be
written by the expression [17]:

f Hdefect ¼ 2ksf ð8Þ

The stator current envelope obtained for the healthy and
two rotor broken bar conditions are shown in Fig. 7.

Figure 8a–d illustrates the result of frequency analysis of
the stator current envelope.

From Fig. 8, it is observed then the stator current envelopes
contain the information for the fault (broken rotor bars)
through the characteristic harmonic components 2sf, 4sf (in
general “2ksf”). Tables (3 and 4) show that the values of de-
duced and calculated frequencies are similar.

The major disadvantage of this method is that, since the
length of the window is fixed, it is not possible to simulta-
neously analyze phenomena whose time scales are different.
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Fig. 6 FFT of stator current in
steady state. a, c Healthy
machine. b, d Machine with two
broken rotor bars. a, b Simulation
results. c, d Experimental results

Table 1 Simulation frequencies and magnitudes of the stator current
spectrum for the machine with two broken rotor bars

s = 4.5% (1 − 4s).f (1 − 2s).f (1 + 2s).f (1 + 4s).f

f calculated (Hz) 41 45.5 54.5 59

f deduced (Hz) 40.88 45.38 54.5 59.13

Magnitude (dB) − 46.92 − 26.39 − 32.53 − 57.41

Table 2 Experimental frequencies and magnitudes of the stator current
spectrum for the machine with two broken rotor bars

s = 4.5% (1 − 4s).f (1 − 2s).f (1 + 2s).f (1 + 4s).f

f calculated (Hz) 41 45.5 54.5 59

f deduced (Hz) 40.88 45.38 54.5 59

Magnitude (dB) − 44.64 − 34 − 28 − 33.18 − 47.87
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Another technique of analysis, which does not favor any par-
ticular scale, we propose DWT to eliminate this problem. The
transformation by the wavelet technique is introducedwith the
aim of overcoming the difficulties mentioned above. A
windowing technique with variable size is used to improve
the analysis of the stator current signal in transient or perma-
nent conditions.

The decomposition level n depends on the sampling rate fs
and on the frequency net f. It can be calculated by the expres-
sion [18]:

n >
log f s= fð Þ
log 2ð Þ þ 1 ð9Þ
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the sampling rate of signals was fs = 10,000 samples/s. The
supply frequency in this paper is taken to be f = 50 Hz. Table 5
shows the frequency band for each level.

The “Daubechies (db) wavelets” of diverse order are used
to decompose the stator current of each machine. Figure 9a–d,
appearances that the upper-level signals (a9, d9, and d8) ob-
tained by db40.

Although there are slight differences between the healthy
and faulty state, it is difficult to know the fault because the
frequency 50 Hz (the fundamental component) plays a role in
this problem and it is existent in the complete analysis. To
remove this problem, the Hilbert transform is presented to
remove the fundamental component in both signals. In
Figure 10, the DWTof the stator current envelope is displayed
and the evolution in the observed frequency bands of the rel-
ative signal to the rotor defect can be analyzed using coeffi-
cients a9, d9, and d8.

Comparison of the detail and approximation signals for a
machine with faults (broken rotor bars) shows that the ampli-
tude of the coefficient a9 is increased relative to that in the
case of to the healthy machine as they contain the frequency
components 2sf, where the field of frequency band is [0–
19.53 Hz] (Table 5). The DWT, therefore, is a very effective
tool for detecting the of broken rotor bars in a loaded machine.

Figure 11 shows the DWTof the stator current envelope at
start-up sate given in Fig. 7.

Table 5 Frequency
levels of wavelet
coefficients

Level Frequency band

a9 0–19.53 Hz

d9 19.53–39.06 Hz

d8 39.06–78.12 Hz

d7 78.12–156.25 Hz

Table 3 Simulation
frequencies and
magnitudes of the stator
current envelope spectrum
for the machine with two
broken rotor bars

s = 4.5% 2sf 4sf

f calculated (Hz) 4.5 9

f deduced (Hz) 4.625 9.125

Magnitude (dB) − 40 – 12 − 52.31

Table 4 Experimental
frequencies and
magnitudes of the stator
current envelope spectrum
for the machine with two
broken rotor bars

s = 4.5% 2sf 4sf

f calculated (Hz) 4.5 9

f deduced (Hz) 4.5 9.125

Magnitude (dB) − 42.3 − 64.51
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Through Fig. 11b, it is noticed that the removal of the
fundamental has a very significant effect on the diagnosis of
defaults. This effect is deduced by the variation in the ampli-
tudes of the signals in bands a9, in the faulty state compared
with a healthy state.

In Fig. 12, the simulation and experimental results show
the variation of the energy in the frequency bands of decom-
position of the wavelet for the healthy and faulty state.

The calculation of the energy stored in each decomposition
level confirms the increase observed in the detail and
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approximation signals, especially in the level E8 (d8) (even
for a9), which indicates the energy of this frequency band, can
be a suitable criterion to detect the broken bars.

7 Conclusion

In this paper, a goodmethod for broken rotor bar detection and
diagnosis in induction machine is proposed. The method is
based on Hilbert and discrete wavelet transform. The result
obtained from analysis of the stator current in simulation and
experimental shows the existence of a defect through the dif-
ferent harmonic’s appearance in the spectrum. However, there
are several problems, especially at low load, this leads to dif-
ficulty in analyzing the fault because the frequency of defects
are very close to the fundamental component. The envelope
analysis, with the help of the Hilbert transform produced quite
satisfactory results. The elimination of the fundamental com-
ponent allows a clearer identification of the fault frequencies.
The results obtained by using FFT (even for Hilbert) analysis
in a steady state have been proved to be a very effective meth-
od for stationary system and have been widely used in the
monitoring, fault detection, and diagnosis in the industry.
Hence, the complementary collaboration of wavelet transfor-
mation is required. The results obtained by the HDWT give
the advantageous information to decide the faulty situation,
particularly in the presence of broken rotor bars at start-up.
The HDWT is also used for calculation of the energy stored in
each level of decomposition (HDWT); the degree of the defect
can also be identified through the eigenvalues of energies. The
energy eigenvalue offers a good sign for the detection of the
rotor fault at low load and non-stationary state. Simulation and
experimental results confirm the efficiency of the proposed
approach, which can be extended for the detection of the rotor
fault (broken bar) for other types of induction machine; where
this method has not related to the power of the machine.

Nomenclature k, integer; Ud, Uq, instantaneous voltage d; q
components (Park); id, iq, instantaneous current d; q

components (Park); Φd, Φq, instantaneous flux d; q compo-
nents (Park); ωr, electrical speed of the rotor in rad/sec; Te,
electromagnetic torque; s, motor slip; Rs, stator resistance; Rr,
rotor resistance; Lm, mutual inductance; Lf, leakage inductance
of stator; p, number of pole pairs; nb, number of rotor bars; ns,
number of turns per stator phase; θ0, absolute localization of
the faulty winding according to the first rotor phase; ia, instan-
taneous current (a) component (stator phase (a)); an, approxi-
mation signal and n detail signals dj; dj, detail signal (j ϵ [1,
n]); S, sampled signal
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